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Summary 

Magnetic field computations have been 
performed for the three-inch circular aper­
ture doubler magnets in the warm iron geom­
etry. Locations for rectangular conductors 
along circular arcs have been found such that, 
in the absence of the construction errors, 
the sextupole and decapole terms have been 
removed from the dipole. For the quadrupole 
suitable locations for the conductors have 
been found that remove the duodecapole term. 
Field quality, longitudinally integrated 
fields, construction errors, forces, energy 
content, and eddy current heating under cycled 
conditions will be discussed for a 45 kG di­
pole and a 20 kG/inch quadrupole. 

Design Considerations 

The possibilities inherent in circular 
iron shields, elliptical iron shields, pancake 
coils, offset circular shell coils, and cir­
cular shell coils have been examined using 
complex variable methods. 1 Both the field in 
the transverse section and the longitudinally 
integrated field are calculated. For each 
geometry a search mode is employed to improve 
any one of several parameters specifying ini­
tial conductor locations. Thus, for circular 
shells, the radial position, azimuthal posi· 
tion, or azimuthal space between keystoned 
conductors may be adjusted. For pancake 
coils, the horizontal position or horizontal 
space between rectangular conductors may be 
varied. The end result of the search is a 
set of conductor locations that minimizes the 
energy content within the reference radius of 
all multipoles except the lowest. Although 
the search procedure may be incorporated into 
the longitudinally integrated fields, this 
was not done because, for relatively long 
magnets,·the end effects are small and a few 
runs suffice to obtain the desired quality. 

Additional calculations provide the field 
distribution and net flux entering the iron 
shield, eddy currents induced in various ele­
ments, and the electromagnetic force distri­
bution in the conductors. Thus one may esti­
mate field modifications induced by iron 
saturation, the iron cross section necessary 
to reduce return flux saturation, and the 
power loss in the bore tube liner, cryostat 
walls, and heat shield. From the force cal­
culations realistic estimates are made of the 
banding tension necessary to restrict con­
ductor movements and the spring constant 2 for 
the displacement of the coil package relative 
to the iron. 

An iron shield in the shape of an upright 
ellipse has a reduced saturation effect on 
the field distribution and yields a coil 
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arrangement for high quality fields that re­
flects the confocal nature of the coordinate 
system. Hence the usable aperture has even 
higher eccentricity than the shield although 
minimal net flux results. A horizontal aper­
ture sufficiently small to provide an economic 
advantage over the circular case requires 
vertical injection and extraction. This im­
poses a considerable constraint on the ellip­
tical shield which, therefore, was abandoned 
in favor of the circular shield. Having 
chosen a circular shield, the concentric na­
ture of the coordinate system dictates that 
for high quality fields the conductor arrange­
ment be circular. Field quality demands from 
orbit considerations, extraction requirements, 
and achievable construction tolerances set the 
aperture diameter at about three inches. 

Considerations that lead to a choice of 
inner iron radius are as follow. In a ty­
pical cold iron design the shield is used 
directly to hold the coil package in place. 
Saturation effects on the magnetic field must 
be counterbalanced with additional correction 
windings. This design, however, makes maximum 
use of the iron in producing field. If, on 
the other hand, it is desired to have the 
dipoles and quadrupoles track with an ac.curacy 
sufficient to permit a single excitation cur­
rent throughout the magnet system, then, for 
the coil package that yields a three inch aper­
ture, the inner iron radius must be about four 
inches. For this radius there is sufficient 
space between the outside of the coil package 
and the iron to insert a thermally insulating 
support structure. Thus, the iron may remain 
at room temperature. In this warm iron design, 
although there is no significant saturation 
effect, more ampere-turns must be provided to 
offset the diminished utilization of the iron. 
We have opted for the warm iron design with 
the attendant possibility of simplifying the 
power distribution system. 

For the most economical use of supercon­
ductor one may tai~or the conductor size de­
pending on its location in the magnetic field. 
Thus, in the dipole, two grades of multistrand 
cable were used. For the inner two shells a 
seven-strand cable of nominal size .150 in by 
.075 in was chosen 3 for which the effective 
JB product is 80% qf short sample. 4 In the 
outer two shells an 11-strand cable of nominal 
size .150 in by .050 in was used for which the 
effective JB product is 70% of short sample. 

Having chosen the space allowed in the 
dipole for conductors, banding, cryostats, and 
supports, these general space allocations were 
incorporated into the quadrupole for maximum 
simplicity. These conditions and the desire 
to obtain the highest gradient possible in 
order to minimize longitudinal space alloca­
tion dictate an ungraded conductor design for 
the quadrupole. Thus the 11-strand conductor 



was chosen which operates with a JB product 
at 63% of short sample.~ 

The length of the iron shield relative to 
the coil ends must be chosen. Calculations 
using many segments of linear current elements 
have been made 3 and indicate that for dipoles, 
in the absence of the iron shield, a field 
enhancement of some 20% is expected in the 
end region. Since the field enhancement by 
the iron in the transverse section is 18% it 
is desirable to terminate the iron somewhat 
before the conductors are turned aro~nd. In 
this manner there will be no significant field 
enhancement in the ends. For the quadrupole, 
since the maximum field is much less than 
45 kG, the iron shield may be carried out 
o~er the coil ends. 

Finally, it is to be noted that in con­
struction both the dipoles and the quadrupoles 
the construction tolerance 5 on the location of 
conductor shell radii and azimuthal position 
of the shell is ±.002 in. 

Tables 1 - 8 are self explanatory. Ta­
ble 9 refers to the longitudinally integrated 
fields in which circular turn-around ends are 
used, the turn centers being separated by the 
length indicated. The entries T(N), S(N), 
and R(N} refer to coefficients in a multipole 
expansion of the longitudinally integrated 
magnetic field. Successive terms give 6B at 
the reference radius for the dipole, sextupole, 
decapole, etc. The contribution due to the ' 
currents with no shield is T(N}, the contribu­
tion from the iron shield is S(N), and R(N} is 
the ratio T{N) + S{N) divided by T(l) + S(l). 
Table 10 is a similar calculation in which 
the contribution due to the ends is omitted 
and the length set equal to one inch. The 
median plane field in the transverse section 
is given by BT. Columns BA, BS, and BN give 
respectively the contribution in the absence 
of the shield, the contribution due to the 
shield, and the total field normalized to 
unity at the origin. The entry DELR(N) is an 
estimate 6 of the magnitude of the change in 
R[N) induced by saturation effects in the 
iron shield. Tables 11 - 12 provide similar 
information relative to the quadrupole, T(N) 
etc. now stepping through quadrupole, duo­
decapole, etc. 
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Table 1. Bending Magnets 
Performance Parameters 

Field Strength 
Effective Field Length 
Good Field Width 
'Field Quality (6B/B at l in Rad.) 

Table 2. Design Data for 
Bending Magnet-

Conductor Current (45 kG) 
Conductor Size (no insulation) 

Inner 2 shells 

45 kG 
240 in 
2.0 in 
±.05% 

2345 A 

(7-strand) .152 in by(.075/.0636)in 
Outer 2 shells 

(11-strand) .152 in by{.050/.0432)in 
Effective Current Density 

(7-strand) 215 kA/in 2 

(11-strand) 320. kA/in 2 

Total Number of Turns 228 
Insulation Thi_ckness (spiral wrap) . 004 in 
Inner Bore Tube Radius(304 SS) 1.125 in 
Inner Bore Tube Wall Thickness .050 in 
Inner Cryostat Radius(304 SS} 2.50 in 
Inner Cryostat Wall Thickness .018 in 
Outer Cryostat Radius(304 SS) 2.625 in 
Outer Cryostat Wall Thickness .018 in 
Lamination Inner Radius(mild steel) 4.00 in 
Lamination Thickness .0625 in 
Outside Dimension of Iron 16 in by 10 in 
Total Length of Iron 234 in 

Table 3. Stored Energy and Losses 
in Bending Magnet 

Peak Stored Energy .54 MJ 
Inductance .18 Hy 
Repetition Period 60 sec 
Eddy Current Losses 

Bore Tube .13 w 
Conductor Matrix 1.8 w 
Inner Cryostat .22 w 
Outer Cryostat .22 w 
Heat Shield {200K) .2 w 
Lamination (warm) neg. 

Hysteresis Losses 
Superconductor 3.3 w 
Lamination (warm) 3.5 w 

Table 4. Forces and Critical 
Fields in Bending Magnet 

Central Field 
Maximum Field in Conductor 

Inner 2 shells (7-strand) 
Outer 2 shells (11-strand) 
Effective Radius of 

Conductor shells 
Traction at Effective Radius 

Angle x-Traction 
(Deg) (lb/in 2 } 

0 
40 
50 
90 

699 
1521 
1623 

0 
Displacement Force 

(x-displ. .010 in) 
(y-displ. = .010 in) 

45 kG 

47 kG 
38 kG 

1.896 in 

y·-Traction 
(lb/in 2 ) 

0 
-1174 

-985 
0 

9.9lb/in 
9.9lb/in 
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Table S. Focusing Magnet 
Performance Parameters 

Table 7. Stored Energy and Losses 
in Focusing Magnet 

Gradient Strength 
Effective Gradient Length 
Good Field Width 
Gradient Quality 

(~B/xB' at 1 in Rad.} 
0 

Table 6. Design Data for 
Focusing Magnet 

20.7 kG/in 
62 in 
2.0 in 

±.2% 

Peak Stored Energy 
Inductance 
Repetition Period 
Eddy Current Losses 

Bore Tube 
Conductor Matrix 
Inner Cryostat 
Outer Cryostat 
Heat Shield ( 20°K) 
Lamination (warm) 

Hysteresis Losses 
Superconductor 
Lamination (warm) 

51 kJ 
.013 Hy 
60 sec 

.002 w 

.20 w 

.004 w 

.004 w 

.003 w 
neg. 

.56 w 

.25 w 

Conductor Current (20.7 kG/in} 
Conductor size 

(no insulation) 
Effective Current 

2345 A Table 8. Forces and Critical Fields 
in Focusing Magnet 

.152 
Density 

Turns per Pole 
Insulation Thickness 

(spiral wrap) 

in by(.050/.04J2)in 
320 kA/in 2 

51 
.004 in 

Central Gradient 
Maximum Field in Superconductor 
Effective Radius of Superconductor 
Traction at Effective Radius 

20.7 kG/in 
31 kG 
1. 838 in 

Inner Bore Tube Radius(304 S~) 

Inner Bore Tube Wall Thickness 
Inner Cryostat Radius(304 SS) 
Inner Cryostat Wall Thickness 
Outer Cryostat Radius(304 SS) 
Outer Cryostat Wall Thickness 
Lamination Inner Radius 

1.125 in 
.050 in 
2.50 in 
.018 in 
2.625 in 
.018 in 
4.00 in 

Angle x-Traction 
(Deg) (lb/in 2

) 

y-Traction 
{lb/in 2

) 

0 136 
20 612 
25 714 
45 0 

(mild steel) 65 -1399 
70 -1448 
90 0 

Lamination Thickness 
Outside Dimension of Iron 
Total Length of Iron 

.0625 in 
10.0 in Dia. 

66 in Displacement Force 
(x-displ. .010 in) 
(y-displ. .010 in) 
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1'PfN~~ IRON RA:JittSfiffl .... oovll SIHP">O'NS RULE INTE~VALtOEGJ= 1.oaJo HORIZOtHAL IN-CR.E11ENTUNJ 
INSUlAlIO\lf TttlCKli!SSUN> .OJltO 

t.u·e~ fU:\NS CU:(OEl'tl fi-tETAS THETO.F SPACE~ RINNEr( 'tOUTER. LENGTH 

CtCAllfril/tH> lOEG> IO€GI UNI IINJ CINt UNI 

1 11.00 J2J.S?l 1.i.i.e~ 3 ... 1a1ts .... 11<1104 1.51100 1.&&51) t. !iOGIJ 

2 14.CG .i.?O.SZZ 1.JQ0.3 ZS .&9ll -.1Hl108 1.&6-00 1.BctSO 1. Oil~ 0 

l 11.~G 321J.52l 1.tlil~ U ... li2l3 -.ocaza 1 ... qi.50 z.uao L.O.JJllQ 

' 9.oa 3iZO.SZ2 1.0J6Z tl. 77 l8 -.OllQfJ~ 2.1zi;a 2.29311 1.01100 

N\JLJIPOLE GOEfFICIENTS 

rcro 1.~791!:•¥1 «J.129E•IJ& -i+.792E-02 2.z,.nE-OJ -9.584.E-Ott 
sent le'lllE-tU 9. 31.:;E-ti.5 i..i.a1£-a9 -3.lit6-E•12 .-1.&77E-15 
ROO 1.iJtQ.~•t!J lt. 7lt:E-i:& -2.J11E-1Jl 1.C8SE-Qi. -~.&lltE-05 

OE.l~on, &.17&E-as &.Ci.t.E-Hc 1.!}SSE-16 S.l&C·E .. 13 1.s~eE-1s 

ICU"t GH<&-lH/ltH GACIC:G-lNIINJ GStt(G-INIINJ GN 

.1!03,'D 2a.01u22 l9.739tll5 .8';1335 J,.OOQOil 

.1CGCU 211..03322 1'1.78~5' .eqJ]S 1.00000 

.zo,co 21l.<?.SlZZ t..:.t.71Ha5 .ag.335 1.ooaJJ 
.J.ill!!!.O Zl.6::UZZ 19.7i'H1 .89lJ5 1.000"11 
... ~ii-~ 2_;.na120 19.789'~5 .11;q.335 1.uoooo 
.stti?it Zii.&61.JO.it 19.7d96'a .S93J5 .99':199 
.&Olltil 21l.6:i21+i. 1-=J.7~-lOS .5qJJ& .99~'}6 

• 7a3D'D Z.J.6!1151 l'J .. 7,714 .sq3J7 .99''H1 
... IHCC ZO.!iii75l5 l 1:h7~1<:J7 -~·C)Jjq • CJ99&2 

.901lC' .?IJ.sttltZ l<J.7&U1 ... IJ:3•1 .9qqo.J 
1.co.u.c 211.&.166.4 19.7412'+ .59lft.lt .'lCJ775 

1.uaao l:J.S1U21 t'j.~!J,91'1) .&':ll•! • 99517 
l.~J#&C 2a.r.r<J&.J 19.5Mt09 .91:)31>4 .9CJ!J.15 
1.:s9,.,,.., Z:l.2UC3 19.H741 .891&1 .·l8355 

l•t,,lllG' 1·J.t~1t(,,8 u.~~~~' .49371 .q61S7 

1.sa.cott n.11&11 1J .. ZZ?'i1 .. 8'}.J8Z .9ZttZ6 

.. AX • .FIELO 0,. l~.J'!tt~Gt 6.9576 I~0'4 PEftHEA81LI n IT BltAXFE.:= 667.61tQ2 FLUX IN l'l:ONll<C-INt 

4 

• 
1.000~ 

.1000 

1.195E-C4' 
.t.t.OthlE-11 
i?.65i&E-C& 
5. 8tt1E-lb 

&T. 7712 

• 
1.GOJJO 
.iaoo 

™~575 
1600.000 


